Abstract. Let G = (a, b\ (a'b"')') where /, m, t are integers. We show that groups of this type are conjugacy separable.
x is cd. (conjugacy distinguishable) in G means that if y G G and x ■*■ y then there exists N <3fG such that xN ■*-yN in G/N. If every element of G is cd. then we say G is c.s. (conjugacy separable).
Definition 2.1 [2] . Let G be a group and x G G. Then G is said to be (x)-potent, briefly (x)-Pot, if, for every positive integer n, there exists N <sfG such that xN has order exactly n in G/N. G is said to be potent if G is (x)-Pot for all 1 ¥= x G G. The class of all potent groups shall be denoted by Pot. Definition 2.2. Let H be a subgroup of a group G. Then G is said to be //-separable if, for all x G G\H, there exists N <ifG such that x/V G HN/N in G/iV.
As a consequence of Solitar's theorem [12, p. 212] , if G = A * B and x = xxx2 ■ ■ ■ xn, y = yxy2 • • ■ yn axe cyclically reduced words in G, each of minimal length in its conjugacy class, such that xx, yx G A (say) then x ~y in G if and only if there exist h0, hx,... ,hn G H, such that x, = A/lfj^A,, for i = 1,2,...,« withA0 = /¡n.
We also recall Lemmas 3.1, 3.2, 3.3 of [2] . 3. G = (a, b; (a'bm)'). In this section we shall make use of the g.f.p. of certain special groups with cyclic amalgamation to show that 1-relator groups of the type G = {a, b; (a'bm)') are c.s. If / or m is zero it is easy to see that G is c.s. Thus we can assume m^O, say. We begin by proving some technical lemmas. Now let x, y G P such that x -* y in P. We can assume x, y to be cyclically reduced as words on S and A. Moreover we can assume x, y to be of minimal lengths in their conjugacy classes. We use ||z|| to denote the cyclically reduced length of z GP [12, p. Case 2. \\x\\ = \\y\\ -1. Suppose x, _v G S or x, y E A. Then by a similar argument as in Case 1 we can show that x and y axe cd. in P. Thus we can assume x E S and y E A. Now any homomorphic image of A is cyclic, whence the corresponding image of y has only itself in its conjugacy class. Let 6 be the canonical map of P onto P = P/Sp. Then P= (ad; (aO)1). Since ||^|| = 1, it follows that y6 ¥= 1. On the other hand x E S implies that x6 -1. Hence x and y axe cd. in P.
Case 3. llxll = IIy\\ s* 2. We can assume that x = x,x2 • • • x" and y = yxy2 • • -y" are cyclically reduced words in P such that x,, yx G A and x2/, y2i E S where i = l,2,... it follows that x and y are cd. in P. On the other hand if x, G /)y,/) for all i, then, by Lemma 3.4, again we have x and j' to be cd. in P.
This proves that G is c.s.
